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Abstract: Real-time Kinematic (RTK) positioning provides centimeter-level positioning accuracy
within several seconds, but it has to rely on a nearby base station. Although Precise Point Positioning
(PPP) supplies precise positions with one receiver, its convergence time takes several tens of minutes,
which makes PPP not well suited for real-time kinematic applications where a rapid convergence is
required. PPP-RTK integrates the benefits of PPP and RTK, which actually is PPP augmented by a
ground GNSS network. The satellite orbit, clock offsets, signal biases, ionospheric and tropospheric
corrections are determined based on this GNSS network, modeled as state space information and
transmitted to PPP users. By applying these State Space Representation (SSR) corrections, a real-
time kinematic PPP-RTK approach is developed and implemented, which can instantly resolve the
ambiguities to integers and realize rapid convergence. In a static scenario, it realized an instant
ambiguity resolution and a rapid convergence within 2 s in more than 90% of 120 hourly sessions.
The PPP-RTK has been applied and evaluated in a kinematic scenario on the highway. The horizontal
positioning errors are almost lower than 0.1 m except for the time of passing through bridges. After
passing bridges, the PPP-RTK successfully resolved ambiguities within 2 s in 90.6% of the cases and
achieved convergence in horizontal within 5 s in more than 90% of the cases. The PPP-RTK with
a precision of 0.1 m and rapid convergence of several seconds benefits the precise navigation of
automobile on the highway, which will support the development of autonomous driving in future.

Keywords: precise point positioning; rapid convergence; state space representation; ambiguity
resolution; vehicle transportation

1. Introduction

Global Navigation Satellite System (GNSS) is widely applied for outdoor precise posi-
tioning. According to the report of European Union Agency for the Space Program (EUSPA),
safety-critical automated driving requires a 20 cm positioning accuracy in horizontal [1].
Real-time Kinematic positioning (RTK) and Precise Point Positioning (PPP) [2,3] utilize
ambiguous but accurate carrier-phase observations to reach centimeter-level positioning.
RTK uses the observations from a rover receiver and a nearby base station deriving precise
solutions with a rapid convergence of several seconds [4,5]. However, RTK has some limita-
tions in real-time applications: (1) it needs a high-bandwidth transmitting correction data,
(2) the service area of one base station is limited, and (3) a bidirectional communication
link between rover receiver and RTK service provider is required. In contrast, although
the prime feature of PPP is only using the observations from one receiver, it has to depend
on precise satellite products such as orbit and clocks [6–8]. Consequently, PPP regularly
takes several tens of minutes to converge [9,10], which is the major drawback that makes
PPP not well suited for real-time applications. Then, PPP-RTK is proposed to combine the
benefits of both RTK and PPP.

PPP-RTK means the augmented PPP based on a ground GNSS network [11]. The
satellite accurate orbit, clock offsets and atmospheric corrections are generated based on this
GNSS network, modeled as state-space information and transmitted to users. Compared
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with the Observation Space Representation (OSR) used in RTK, the main advantage of State
Space Representation (SSR) is that it can be adapted for broadcast applications with an
unlimited number of users [11]. In addition, SSR is bandwidth-optimized in transmission
compared to OSR. By applying the entropy encoding, a compressed format called SSRZ is
proposed [12], which saved a lot of bandwidth in transmission. Satellite Positioning Service
of the German Land Survey (SAPOS) initiated a scheme for providing SSR corrections in
different regions of Germany. The performances of PPP-RTK based on this real-time SSR
service are interesting to investigate.

Another benefit of PPP-RTK is integer Ambiguity Resolution (AR) [13,14]. According
to different types of bias products, the AR is divided into the following three categories:
(1) common clock method, the network service center provides a common clock plus dif-
ferent types of biases to users for ambiguity resolution [15]; (2) distinct clocks method, it
dumps the carrier-phase biases to clock products, and provides different types of clocks
to users [16]; (3) another method is designed specifically for PPP-RTK based on linear
combination of ionosphere-free observations [17–19]; it calculates wide- and narrow-lane
carrier-phase biases to resolve the ambiguities. Actually, methods (3) and (2) are a theoreti-
cal reparameterization of method (1). Therefore, method (1) is the most common one used
in SSR broadcast service to support PPP-RTK on achieving AR.

Once AR is achieved, the challenge being faced is to shorten the time of AR and con-
vergence. GPS PPP, typically based on observations of ionosphere-free linear combination,
requires several tens of minutes to resolve ambiguities [20,21]. This long convergence
is caused by the low model’s redundancy, either in the uncombined model due to the
presence of the unknown ionospheric parameters or in the model of ionosphere-free linear
combination due to a low number of used measurements. The researchers tried to improve
the model redundancy to shorten the convergence time in two ways: (1) integrating multi-
constellation and multi-frequency GNSS signals; fusion of multi-constellation GNSS could
reduce the convergence time from ~30 min to several minutes [21–24]. (2) Utilizing external
atmospheric products; it has been proven PPP-RTK reduces the convergence time by using
global or regional ionospheric products [25,26]. In the presence of ionospheric delays, the
convergence time could be shortened to 1.5 to 3 min [27,28]. Based on a small scale of GNSS
networks, with interpolated accurate ionospheric and tropospheric delays, the convergence
time was further reduced to 1 min [14], and a rapid reinitialization of less than 1 min was
also achieved [29,30].

However, the current researches of PPP-RTK are mostly focus on post-processing,
because of its complexity of implementation for the whole concept of PPP-RTK in real-time.
SAPOS is planning for providing German wide real-time PPP-RTK services from 2023, but
before that its performances for different scenarios and application fields need to be fully
explored and evaluated. Moreover, the PPP-RTK with an initialization time of 1 min is not
fast enough for real-time kinematic applications. A rapid convergence of several seconds is
required especially in a real-time kinematic scenario, e.g., in vehicle transportation where
a rapid convergence after passing a bridge or tunnel is needed. To achieve this goal, we
utilize GPS + Galileo double frequency observations and developed a PPP-RTK approach
with the aid of SAPOS real-time SSR corrections. The undifferenced observations are
adopted and the SSR atmospheric products are seen as pseudo-observations. By applying
the phase biases, the single-differenced ambiguities between two satellites are resolved to
integers. Finally, PPP-RTK realized an instant AR and rapid convergence within several
seconds even in a kinematic scenario. We conducted different measurement campaigns to
validate and evaluate the PPP-RTK performances in static and kinematic scenarios.

In the following, Section 2 depicts the mathematical model of PPP-RTK with SSR
corrections; Section 3 analyzes the PPP-RTK accuracy and convergence in a static scenario.
Its performances in the application of vehicle transportation are evaluated in Section 4, and
Section 5 draws the conclusions.
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2. Mathematical Model of PPP-RTK with SSR Corrections
2.1. Workflow

The whole concept of PPP-RTK contains two segments: PPP-RTK service center and
PPP-RTK user end, as illustrated in Figure 1. The PPP-RTK service center, e.g., SAPOS in
this case, collects GNSS observations from a ground station network which is then used
to compute precise satellite orbit and signal biases products with an updating interval of
30 s, the high-rate clock corrections with an interval of 5 s, and simultaneously estimate
tropospheric and ionospheric model parameters every 30 s. All of these products are
represented as SSR corrections and broadcast to users.
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This manuscript will focus on the real-time data processing at the user side which
includes the following seven steps as shown in Figure 1:

(1) Receive GNSS observations and decode SSR corrections in real-time; calculate the
SSR tropospheric and ionospheric delays for each satellite based on the approximate
position of the receiver;

(2) GNSS data pre-processing, which mainly removes some potential large errors and
detects the cycle slips by using TurboEdit algorithm [31];

(3) Prediction of Kalman filter based on Section 2.3;
(4) Update of Kalman filter based on Section 2.4, obtain the PPP-RTK solutions with-

out AR;
(5) Detect large residuals; if the residual of one satellite is larger than 5 m for code

measurements and 0.05 m for phase measurements, or the residual is larger than
3 times of standard deviation of all satellites’ residuals, the satellite will be excluded
from the data processing at current epoch. Then, go back to Step (4) and reupdate the
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state vector of Kalman filter; if there are no large residuals, then go forward to the
next step;

(6) Extract the float ambiguity estimates and their variance-covariance matrix; construct
the double-differenced ambiguities between two satellites and two frequency bands
to recover the integer feature of the ambiguities, and then resolve the ambiguities to
integers; if AR fails, then derive the solutions without AR and proceed to the next
epoch, otherwise continue the next step.

(7) Update the solution of the Kalman filter based on the resolved ambiguities and derive
the solutions with AR; finish this epoch and proceed to the next epoch.

2.2. GNSS Observation Equations

GNSS observations equations for code and carrier-phase measurements based on SSR
corrections [32] are formulated as

Pi
j = ρi + c(dtr − dts) + δbj − δbi

j + miT + gj Ii ++ε
(

Pi
j

)
Li

j = ρi + c(dtr − dts) + δhj − δhi
j + miT − gj Ii + λj

(
ni

j + δwi
)
+ ε
(

Li
j

)
SSRi

T = miT + ε
(

SSRi
T

)
SSRi

I = Ii + ε
(

SSRi
I

) (1)

where Pi
j and Li

j indicate the code and carrier-phase measurements from satellite i to receiver

at frequency j(j = 1, 2); ρi denotes the distance between the satellite and receiver; dtr and
dts indicate the receiver and satellite clock offsets; δbj and δbi

j are receiver and satellite code

biases; δhj and δhi
j indicates receiver and satellite phase biases; the Zenith tropospheric

delay is marked as T with mi indicating the global mapping function [33]; The slant
ionospheric delay is denoted as I, and gj =

(
f j/ f1

)2 with f meaning the signal frequency;
ni

j represent integer carrier-phase ambiguities and λ is the corresponding wavelength; ε

means the observation noise. Moreover, the tropospheric and ionospheric delays calculated
with SSR corrections are indicated as SSRi

T and SSRi
I [12]. They are treated as pseudo-

observations to improve the strength of the PPP-RTK mathematical model. Last but not
the least, relativistic effects and satellite carrier-phase windup correction [34] have been
corrected in Equation (1). However, in a kinematic scenario, the vehicle may turn at any
angular speed and at any time, causing a rotation of the GNSS antenna. As a consequence,
the received GNSS carrier-phase measurements will unavoidably contain additional carrier-
phase windup effects [35] marked as δwi in Equation (1). The receiver carrier-phase biases,
ambiguities and windup effects caused by the rotation of receiver antenna are linear
correlated with each other, which cannot be estimated separately. Thus, they are combined
together and estimated as float ambiguity parameters. Also, the receiver code bias δbj will
be dumped to the receiver clock parameter, then Equation (1) is simplified as

Pi
j = ρi + c

(
d
∼
t r − dts

)
+ δdj − δbi

j + miT + gj Ii ++ε
(

Pi
j

)
Li

j = ρi + c
(

d
∼
t r − dts

)
− δhi

j + miT − gj Ii + λj
∼
n

i
j + ε

(
Li

j

)
SSRi

T = miT + ε
(

SSRi
T

)
SSRi

I = Ii + ε
(

SSRi
I

) (2)

with 
∼
n

i
1 = ni

1 + δwi + (δh1 − δb1)/λs,1
∼
n

i
2 = ni

2 + δwi + (δh2 − δb1)/λs,2

and

{
d
∼
t r = dtr + δb1

δdj = δbj − δb1
(3)

where δdj means the receiver differential code bias (DCB). The unknown parameters in
Equation (2) are classified as three types
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a =

[
dx dy dz d

∼
t r δd2 T

]T

bi =
[
Ii]

∼
n

i
=
[
∼
n

i
s,1

∼
n

i
s,2

]T
, (4)

Then, the corresponding matrix format of GNSS observation equations from satellite i
is derived from Equation (2) as

Zi =
[
Hi

a Hi
b Hi

n
]ai

bi

∼
n

i

+ Vi = HiXi + Vi, (5)

in which
Zi =

[
Pi

1 Pi
2 Li

1 Li
2 SSRi

T SSRi
I
]T − ρi

0, (6)

Hi
a =



X0−Xi
SSR

ρi
0

Y0−Yi
SSR

ρi
0

Z0−Zi
SSR

ρi
0

1 0 mi

X0−Xi
SSR

ρi
0

Y0−Yi
SSR

ρi
0

Z0−Zi
SSR

ρi
0

1 1 mi

X0−Xi
SSR

ρi
0

Y0−Yi
SSR

ρi
0

Z0−Zi
SSR

ρi
0

1 0 mi

X0−Xi
SSR

ρi
0

Y0−Yi
SSR

ρi
0

Z0−Zi
SSR

ρi
0

1 0 mi

0 0 0 0 0 mi

0 0 0 0 0 0


, (7)

where (X0, Y0, Z0) is the receiver approximate position;
(
Xi

SSR, Yi
SSR, Zi

SSR
)

is the precise
satellite position, which is calculated from SSR satellite orbit information and

ρi
0 =

√(
Xi

SSR − X0
)2

+
(
Yi

SSR −Y0
)2

+
(
Zi

SSR − Z0
)2. The submatrix Hi

b and Hi
n are ex-

pressed as
Hi

b =
[
1 g2 −1 −g2 0 1

]T , (8)

Hi
n =

[
0 0 λ1 0 0 0
0 0 0 λ2 0 0

]T

(9)

and

Vi = diag
[

ε
(

Pi
1
)2

ε
(

Pi
2
)2

ε
(

Li
1
)2

ε
(

Li
2
)2

ε
(

SSRi
T

)2
ε
(

SSRi
I

)2
]

. (10)

Assuming l satellites are observed, then the GNSS observation equation is formulated
as

Z = HX + V, (11)

where,

Z =

Z1

...
Zl

, (12)

H =

H1
a H1

b 0 0 H1
n 0 0

... 0
. . . 0 0

. . . 0
Hl

a 0 0 Hl
b 0 0 Hl

n

, (13)

X =
[
a b

∼
n
]T

, b =
[
b1 · · · bl

]T
,
∼
n =

[
∼
n

1
1 · · · ∼

n
l
1
∼
n

1
2 · · · ∼

n
l
2

]T
(14)

and
V = diag

[
V1 · · · Vl], (15)
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Therefore, Equation (11) is the basic GNSS observation equation in matrix format,
which will be solved by Kalman filter to determine the unknown parameters.

2.3. Prediction of Kalman Filter

Let Xk be the state vector at epoch k, then the prediction of Kalman filter from epoch
k− 1 to k is described by

Xk|k−1 = FkXk−1|k−1 + Wk, (16)

where Fk and Wk mean state transition matrix and process noise. Wk follows a zero mean
multivariate normal distribution with a variance of Qk, which is written as

Qk =

Qa 0 0
0 Qb 0
0 0 Q∼n

. (17)

Assuming the sampling rate is 1 Hz, its values could be set as
Qa =


52·I3×3 0 0 0

0 1002 0 0
0 0 0.0012 0
0 0 0 0.0012


Qb = 0.012·Il×l
Q∼n = 0.0052·I2l×2l

, (18)

in which I3×3, Il×l and I2l×2l are identity matrix with dimension of 3× 3, l × l and 2l × 2l.
In a kinematic scenario, the position of the receiver changes from time to time. At each

epoch, we start with a Single Point Positioning (SPP) solution with initial receiver position
and clock offset, thus their process noise values are set as 52 and 1002 m2. Based on the sta-
bility analysis of differential code bias δd2 [36], we set its process noise as 0.0012 m2/second.
Due to the changing of troposphere is slower than that of ionosphere, their corresponding
process noise values are set as 0.0012 and 0.012 m2 with a sampling rate of 1 Hz. Besides,
the float ambiguity estimation contains the differential signal biases between code and
carrier-phase measurements. Although the variation in differential signal bias over a short
period is usually ignored, its minor change between the epochs is still considered here.
Moreover, the estimated float ambiguities still include the additional windup effects caused
by the rotation of receiver antenna, which may happen at any time in real-time kinematic ap-
plications and needs to be properly considered. Therefore, the process noise of ambiguities
is set as 0.0052 cycle2 instead of zero. According to Equation (16), the variance-covariance
information of the predicted state is obtained as

Pk|k−1 = FkPk−1|k−1FT
k + Qk, (19)

2.4. Update of Kalman Filter

According to Equation (11), a measurement vector Zk can be formulated as a function
of the predicted state Xk|k−1 at epoch k as

Zk = HkXk|k−1 + Vk. (20)

By solving Equation (20), the corrected solution is written as

Xk|k = Xk|k−1 + Kk

(
Zk −HkXk|k−1

)
, (21)

with Kalman gain matrix expressed as Kk

Kk = Pk|k−1HT
k

(
HkPk|k−1HT

k + Vk

)−1
. (22)
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The variance-covariance matrix of the solution can be obtained by

Pk|k = (I−KkHk)Pk|k−1 =

Paa Pab Pa
∼
n

Pba Pbb Pb
∼
n

P∼na P∼nb P∼n∼n

, (23)

where the estimated float ambiguity and its variance-covariance matrix indicated as
∼
n and

P∼n∼n are used in the next step for AR.

2.5. Ambiguity Resolution

Due to the contamination of receiver signal biases, the estimated float ambiguities do
not have the integer feature. We have to remove the influence of receiver signal biases on
ambiguity estimation by differencing the ambiguities between two satellites. Given a pivot
satellite, the single-differenced ambiguities are constructed as

∆
∼
n = M·∼n ==



∆n1,p
1 + ∆δw1,p

...
∆nl,p

1 + ∆δwl,p

∆n1,p
2 + ∆δw1,p

...
∆nl,p

2 + ∆δwl,p


(2l−2)×1

, (24)

where ∆ means differencing the ambiguity estimates between two satellites and is realized
by a matrix M. Because of the additional windup effects caused by rotation of receiver
antenna in a kinematic scenario, the single-differenced ambiguities ∆

∼
n in Equation (24)

still do not have an integer feature. Considering the additional windup effects on different
frequency bands for a specific satellite are identical, we further difference the ambiguities
between two frequency bands and construct the ambiguities as

∇∆
∼
n = N·∆∼n = N·M·∼n =


∇∆n1,p

1,2
...

∇∆nl,p
1,2


(l−1)×1

, (25)

where ∇ means differencing the ambiguities between two frequency bands and is realized
by a matrix N. By now, the new constructed ambiguities ∇∆

∼
n can be resolved to integers.

Their variance-covariance matrix is calculated as

Q∇∆
∼
n = N·M·P∼n∼n ·M

T·NT, (26)

∇∆
∼
n and Q∇∆

∼
n will be seen as two inputs of the Modified Least-squares Ambiguity

Decorrelation algorithm (MLAMDA) for AR [37,38]. The fixed failure rate is configured as
1% for ambiguity validation [39]. The successfully resolved ambiguities are denoted as

E = MLAMBDA
(
∇∆

∼
n, Q∇∆

∼
n

)
, (27)

2.6. Solution with AR

The update equation of the resolved ambiguities in Kalman filter at epoch k is de-
scribed as

Ek = ȞkXk + V̌k, (28)

The design matrix Ȟk is described as
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Ȟk =
[
0(l−1)×6 0(l−1)×l N·M

]
, (29)

V̌k is the noise of resolved ambiguities and assumed as

V̌k = 10−12·I(l−1)×(l−1), (30)

By solving Equation (28), the solution with AR is formulated as

X̌k|k = Xk|k + Ǩk

(
Ek − ȞkXk|k

)
, (31)

where Ǩk is the Kalman gain matrix contributed by the resolved ambiguities,

Ǩk = Pk|kȞT
k

(
ȞkPk|kȞT

k + V̌k

)−1
, (32)

The corresponding variance-covariance of the solution with AR is written as

P̌k|k =
(
I− ǨkȞk

)
Pk|k, (33)

3. PPP-RTK Performances in a Static Scenario
3.1. Data Collection and Processing Strategies

To validate the PPP-RTK performances in a static scenario, we installed a JAVAD
GNSS receiver on the roof of a building at the Institute of Communications and Navigation,
German Aerospace Center (DLR), and collected data for 5 days from the 15th to 19th
of April in 2022 with a sampling rate of 1 Hz. Meanwhile, we received the SAPOS SSR
corrections through internet in real-time. The real-time SSR corrections include three parts:
(1) low rate SSR corrections with a time update rate of 30 s, containing satellite orbit,
clock and signal biases, (2) high-rate satellite clock corrections updated every 5 s, and
(3) atmospheric products updated every 30 s. These SSR corrections were determined by
SAPOS based on 19 reference stations distributed in southern Bavaria which are indicated
as black dots in Figure 2.
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Table 1 lists the data processing strategies of PPP-RTK. The data were processed by
RTFramework [40], which is designed and developed for real-time GNSS data processing
with SSR corrections. It records the time tag plus the real-time raw data-stream of GNSS
observations and SSR corrections, which can be used to repeat the real-time scenario of
GNSS data processing after the measurement campaign. The average position of daily
solutions is seen as the reference position and used to evaluate PPP-RTK performances.

Table 1. Data processing strategies of PPP-RTK.

Item PPP-RTK Processing Strategies

Processing mode Kinematic mode in real-time

GNSS and frequency band GPS L1 + L2 and Galileo E1 + E5a code and phase measurements

Observation noise 0.6 m for code measurements and 0.01 cycles for carrier-phase measurements;
0.01 m for SSR tropospheric corrections and 0.05 m for ionospheric corrections

Weighting strategy
Equal weight factor for GPS and Galileo measurements and

weight factor is defined as:

{
1, elevation > 30

◦

1
2 sin(elevation) , elevation ≤ 30

◦

Elevation mask 15◦

Ambiguities Resolved by full and partial MLAMBDA algorithm epoch by epoch and set fix failure rate as 1%

Satellite orbit, clock and biases Real-time SSR corrections: (1) satellite orbit, clock and signal bias corrections updated every 30 s;
(2) high-rate clock correction with an updating interval of 5 s

Atmospheric delay Corrected with SSR corrections and estimated with other parameters

3.2. Positioning Precision and Convergence Time

The data were processed in a simulated real-time kinematic mode. Typically, the
activity of ionosphere in one day affects the PPP-RTK performance, and the ionosphere is
most active at 14:00 in local time [41]. Therefore, as an example, the PPP-RTK positioning
errors from local time 10:00 to 18:00 (GPS time 08:00 to 16:00) in the middle day (17 April)
of the measurement campaign are illustrated in Figure 3. The PPP-RTK solver was reset
and initialized at each hour to investigate the convergence time. As a comparison, the
PPP-RTK results without AR are also shown. The positioning errors of the PPP-RTK
without AR scheme in the east, north, and up directions are unstable especially at times
from 10:00 to 14:00. This is caused by the high ionospheric activities during this time, and
it can be seen from Figure 4, which presents the corresponding time series of vertical Total
Electron Content (TEC) of ionosphere at this station. The vertical TEC values are calculated
based on the global ionosphere maps from the Center for Orbit Determination in Europe
(CODE), and they are higher than 200 from 10:00 to 14:00 which consequently affects the
PPP-RTK performances.

In this case, the convergence time is defined as the positioning errors start to be within
±0.1 m and remain within ±0.1 m in the sequential 180 epochs (3 min). The PPP-RTK
convergence time and its positioning precision (one sigma) after convergence are presented
in Figure 5. From Figures 3 and 5, we can see the PPP-RTK without AR need several to
ten minutes to achieve convergence in horizontal and even more than 20 min in vertical
component. However, the AR significantly reduces the convergence time. Most of the
ambiguities are resolved successfully at the first epoch and then derive precise solutions.
The fixing rate of ambiguities is 99.4% on average. The lowest fixing rate among the
8 sessions is 96.6%. For most of the hourly sessions, the convergence time is zero second in
horizontal, and in the north component the longest convergence time is 6 s for the session
starting at 8:00. Even for the up component, 5 of 8 sessions achieved a rapid convergence
of less than 6 s. After the convergence, the PPP-RTK solutions with AR typically have a
higher precision than those without AR. The precision (one sigma) of the solutions in the
east, north and up components are 0.044 m, 0.048 m and 0.068 m without AR, which are
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improved to 0.021 m, 0.032 m and 0.049 m for the solutions with AR. The session from 11:00
to 12:00 has a relatively low positioning precision after convergence. This is because only
five GPS satellites are available with SSR corrections for several minutes in this session,
thus the corresponding positioning errors during this time are relatively larger.
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and completely initialized at each hour. The black and red dots in the top three panels indicate the
PPP-RTK results with and without AR, respectively.
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This measurement campaign collected five days of data, which totally contains
120 hourly sessions and 3600 epochs per session. To clearly see the trend of position-
ing errors, the positioning errors of the 120 hourly sessions overlapped together with the
x-axis indicating the seconds of each hour, as presented on the left panels of Figure 6. For
every second, there are in principle 120 PPP-RTK results from the 120 hourly sessions. The
corresponding percentage of positioning errors within ±0.1 m at each second is presented
on the right panels of Figure 6, and for the solutions without AR it takes 843, 883 and 1315 s
on east, north and up components when the percentages reach up to 90%. However, for
the solutions with AR, 94.1% (113 sessions) of the 120 sessions successfully resolved the
ambiguity at the first epoch. Meanwhile, at the first epoch 89.1% (107 sessions) and 92.5%
(111 sessions) of the 120 sessions have positioning errors less than 10 cm in the east and
north directions. As for the up component, the convergence time is longer than that in
horizontal. As a summary, using the SSR corrections generated based on a local GNSS
network, more than 90% of the PPP-RTK sessions can realize an instant AR and achieve a
rapid convergence in horizontal within few seconds.
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4. Real-Time PPP-RTK Applications for Vehicle Transportation

In the applications of vehicle transportation, people are more interested in the per-
formance of PPP-RTK in horizontal components than the vertical component. Thus, the
positioning performances in horizontal are mainly analyzed. This section names the so-
lutions with successful AR as fixed solution, otherwise float solutions. First, it introduces
the measurement campaign on highway; Second, it evaluates the horizontal positioning
performances, then presents statistics of the time required to achieve AR and convergence.

4.1. Measurement Campaign

The measurement bus and Positioning, Navigation and Timing (PNT) unit are shown
in Figure 7. Two geodetic GNSS antennas, named as left and right antennas, were mounted
on the bus and connected with a JAVAD Delta and a JAVAD Triumph receiver, respectively.
The PNT unit was installed inside the car and responsible for decoding the received SSR
corrections and computing PPP-RTK solutions in real-time. The SAPOS SSR corrections
were determined based on a network of 19 reference stations distributed in northern
Bavaria, as shown in Figure 8. The measurement campaign was carried out on 30 June 2021
from Hilpoltstein to Berlin in Germany.
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Figure 8. Trajectory of the measurement campaign from Hilpoltstein to Berlin in Germany. The
19 black dots form the SSR network. The four red dots indicate four RTK base stations used to
calculate RTK reference solutions. The four black circles centered on the RTK base stations have a
radius of 20 km.
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The data processing strategies of PPP-RTK refer to Table 1. To evaluate and analyze the
PPP-RTK performances, as a reference, we calculated RTK solutions of the rover receiver
based on four RTK base stations shown in Figure 8. Among the four RTK base stations,
HILP is a base station at the starting point in Hilpoltstein. HOFJ is chosen from EUREF
Permanent GNSS Network (EPN) and LEIJ, POTS are both from International GNSS Service
(IGS) stations. RTK typically requires the baseline length between rover receiver and base
station not being longer than 20 km. Therefore, the RTK solutions are restricted to a
distance within 20 km of the RTK base stations. The RTK reference solutions are computed
by RTKLib [42] in a post-processing mode with the processing strategies presented in
Table 2. Taking the left antenna as an example, the PPP-RTK solutions are compared with
the RTK solutions in following.

Table 2. Processing strategies of RTK.

Item RTK Processing Strategies

Processing mode Kinematic mode in post-processing

GNSS and frequency band GPS L1 + L2 and Galileo E1 + E5a code and phase measurements

Observation noise The ratio between code and carrier-phase measurements is 100

Weighting strategy Elevation dependent: a + b
sin(elev) , where a = 0.002, b = 0.002

Elevation mask 15◦

Ambiguities Use LAMBDA resolving the ambiguities with a ratio test of 2.0

Satellite orbit, clock, biases Final orbit and clock products from CODE, the signal biases are eliminated in double
differenced observations

Atmospheric delay Significantly reduced and ignored in double differenced observations

4.2. Positioning Precision

The positioning errors of PPP-RTK with respect to RTK solutions for the two sessions
of HILP and HOFJ are plotted in Figure 9. The corresponding Geometric Dilution of
Precision (GDOP) values and available satellites are illustrated in the panels of the third
and fourth rows of Figure 9. From 10:00:00 to 10:04:35 the bus was in a static mode, the
positioning errors in the north and east are lower than 0.1 m. The bus departed at 10:04:35
and drove on the local road from 10:04:35 to the time of passing through the first bridge at
10:12:00. There are a lot of trees on each side of the local road, where only satellites with an
elevation higher than 30 degrees are available, as illustrated in Figure 10, and only 6 GPS
and 3 Galileo satellites were available. Limited by the available satellites and affected by
the trees alongside the local road, the positioning errors were larger than 10 cm especially
in the north component from 10:04:25 to 10:12:00. From then on, the bus drove on the
highway. The satellite visibility of the receiver on the highway is better than that on the
local road. The standard deviations of positioning errors in east and north are 0.129 m
and 0.171 m during session HILP, and they are 0.033 m and 0.058 m during session HOFJ.
The PPP-RTK performance in session HOFJ is better than that in session HILP, because
the satellite visibility of the receiver in session HOFJ is better than that in session HILP.
Only 55.9% of the GDOP values are lower than 2 for the session HILP, while it is 93.3% for
session HOFJ. The bus passed through many bridges on the highway. Because the GNSS
signals are interrupted by the bridges, the positioning errors are becoming large just before
and after the bridge passages.
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The positioning errors of PPP-RTK compared with RTK solutions for the two sessions
of LEIJ and POTS are shown in Figure 11. Because the regions of LEIJ and POTS are roughly
100 km and 200 km away from the coverage of SSR network as plotted in Figure 8, the
standard deviations of the positioning errors for the two sessions LEIJ and POTS are higher
than that of session HOFJ. The standard deviations in east and north components are
0.070 m and 0.081 m for session LEIJ, and they are 0.055 m and 0.078 m for session POTS.
This proves that, even though the application area is far away from the coverage of GNSS
network, the SSR corrections can still be well applied for a high-precision PPP-RTK. By
observing the GDOP values on the highway for the sessions LEIJ and POTS in Figure 11
and HOFJ and HILP (from 10:12:00 to 10:20:36) in Figure 9, we can observe the GDOP
values are normally lower than two, except for the time when passing through bridges,
and the positioning errors are large when the GDOP values are high, especially during the
bus passing through a bridge. Following this, the PPP-RTK convergence after each bridge
passage will be assessed.
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4.3. Convergence Time

Normal and complicated scenarios of PPP-RTK solutions over the bridge passages
are shown in Figure 12. In the normal scenario, the GNSS signals were mostly interrupted
when the bus was under a bridge. After the bridge passage, the GNSS signals were still
affected by the bridge within a short moment, only five GPS satellites and one Galileo
satellite were observed. Because one Galileo satellite cannot construct the single-differenced
ambiguities between two satellites, consequently one Galileo satellite does not contribute to
the PPP-RTK solutions. Thus, only five GPS satellites were available in the sky-plot of the
first epoch after the bridge passage. Due to poor satellite visibility of the vehicle, AR failed
in the three epochs after the bridge passage. Until the fourth epoch, the satellite visibility
of the vehicle became better because of more available Galileo satellites, and PPP-RTK
fixed solutions were obtained. With regard to the complicated scenario in Figure 12, the
bus passed through three bridges consecutively within a short time. After the first and
third bridge passages, the receiver took 1 or 2 s to re-track the satellites. Then, there were
more than seven available satellites, and AR succeeded after one float solution. However,
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there were five float solutions during the second passage. This is because satellite visibility
of the vehicle for the second passage is worse than those of the first and third passages,
which can be seen from the sky-plots of the three passages in the right subplot of Figure 12.
Therefore, after passing bridges the satellite visibility and available satellites affect the time
of achieving AR.
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Figure 12. A normal (a) and a complicated (b) scenario of bridge passages. The top panels show the
observed satellites during the bridge passages indicated as grey background. The sky plots show the
available satellites with an elevation higher than 15◦, where the blue and green dots denote GPS and
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In the four sessions of HILP, HOFJ, LEIJ and POTS, the bus crossed 53 bridges in total.
The time statistics of achieving AR after these bridge passages are shown in Figure 13. The
time interval of PPP-RTK solutions in this kinematic scenario is 0.5 s, and 3 of 53 (5.7%)
cases realized AR immediately. Following this, 31 cases (58.5%) obtained the PPP-RTK
fixed solutions with 0.5 s, and 48 cases (90.6%) achieved AR within 2 s. Only 1 case took
longer than 2.5 s to achieve AR.
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The overlapped positioning errors of maximum 60 s after each bridge passage are
plotted in Figure 14. For the cases that the bus passed through more than 1 bridge within
60 s, for example in the right subplot of Figure 12, only the positioning errors of 5 s
(10 epochs) after the first bridge passage and 3.5 s (7 epochs) after the second bridge
passage were considered in Figure 14. The PPP-RTK solutions are usually interrupted and
initialized again after crossing the bridges. Thus, at the beginning of bridge passages, there
were some float solutions with large errors. PPP-RTK rapidly realized AR within 1 s in
79.3% of the cases. Affected by the traffic signs, trees and some other infrastructures on the
highway, some jump errors are also observed in Figure 14.
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In our approach, PPP-RTK starts to derive solutions when there are at least six available
GPS and Galileo satellites or five GPS satellites if only GPS is available. The bus may pass
through several bridges within 3 min in kinematic scenarios, which can be seen from
Figures 9 and 11. Thus, the convergence time after a bridge passage in this section is
defined as the positioning errors start to be within ±0.1 m and remain within ±0.1 m in the
sequential 5 epochs (2.5 s) instead of 180 epochs (3 min), as we defined in Section 3. There
are several cases where the epochs with available PPP-RTK solutions between two bridges
passage are less than 20 (10 s). For example, in the right subplot of Figure 12, the number of
epochs with available PPP-RTK solutions between the first and second bridge is 10 (5 s),
and between the second and third bridge is 7 (3.5 s). Because the time is too short, these
cases are ignored in the statistical analysis of the convergence time and 3 of the 53 cases are
excluded in total. The statistics of convergence time after 50 bridge passages are plotted in
Figure 15. Among the 50 cases, the PPP-RTK realized convergence immediately in 2 cases.
In 38 of 50 cases, the PPP-RTK convergence time in east and north components is within
2 s. In 92% (46/50) and 94% (47/50) of the cases, PPP-RTK converged within 5 s in the east
and north components, respectively. There are only 2 cases with convergence times longer
than 10 s.
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y-axis indicates the percentage of 50 bridge passages that achieved convergence.
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5. Conclusions and Outlooks

With the support of real-time SSR corrections provided by SAPOS, we developed a
PPP-RTK approach, which resolves the double-differenced ambiguities between satellites
and frequency bands to integers, realizing PPP-RTK with instant AR and rapid convergence
of several seconds. The PPP-RTK performances are evaluated under different scenarios. In
an open area of a static scenario, more than 90% of PPP-RTK solutions can realize an instant
AR and achieve precise positioning (less than 0.1 m) in horizontal within 2 s. In a kinematic
scenario of vehicle transportation, the PPP-RTK performances on the highway are mainly
analyzed. The positioning precision on the highway are normally better than 0.1 m except
for the time of passing bridges, because the PPP-RTK solver will be interrupted by several
seconds and initialize again. After the bridge passages, more than 90% of the cases realized
AR within 2 s. We analyzed the PPP-RTK convergence over 50 bridge passages. It showed
that 92% and 94% of the cases achieved PPP-RTK convergence within 5 s in the east and
north directions, respectively. PPP-RTK with a precision of 0.1 m and rapid convergence of
several seconds benefits the precise navigation in transportation, which will support the
development of autonomous driving in the future.

Considering the complexities of precise navigation in real-time kinematic scenarios,
PPP-RTK is still facing many challenges:

• Continuity: GNSS provides continuous positioning information in an open area but
faces challenges in confined scenarios under bridges and in urban areas. Close-range
sensors, such as LiDAR/RADAR, work perfectly in these confined scenarios, but faces
challenges in an open area where no clear boundaries of infrastructures are visible. In
addition, IMU is an independent sensor which provides precise navigation informa-
tion within a short time when GNSS is unavailable. Therefore, the complementary
use of GNSS, close-range sensors and IMU will definitely enhance the capability of
continuous navigation in harsh environments.

• Reliability: GNSS signals are susceptible to interference in harsh environments. On
one hand, limited by satellite visibility, the PPP-RTK solutions are unreliable. Thus,
multi-constellation GNSS PPP-RTK is necessary. On the other hand, multipath signals
are unavoidable and affect the reliability of the PPP-RTK. Overcoming multipath
effects in harsh environments still needs further research.

• Integrity: real-time PPP-RTK applied for autonomous driving is a safety and liability
critical application. Thus, the rigorous integrity concept of the GNSS PPP-RTK is
definitely required. But the integrity monitoring algorithms developed in the aviation
domain cannot be transported directly into autonomous driving applications. The
modified integrity monitoring algorithm for GNSS PPP-RTK needs to be investigated.
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