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Abstract—This work proposes a new control framework for
power converters with a dual half bridge (DHB) configuration.
The new framework exploits the multi-port structure of the DHB
to simultaneously: i) regulate the current in the primary side of
the DHB and ii) equalize the voltage in the two secondary ports of
the DHB. To implement these functions, we combine input-output
linearization methods with pragmatic voltage balance algorithms.
We then apply this framework to a hybrid energy storage system
composed of a battery pack and two supercapacitor modules.
Numerical simulation results demonstrate the effectiveness of the
proposed approach in regulating the power between the energy
storage units and balancing the supercapacitors’ voltages.

Index Terms—power conversion, nonlinear control, dual half
bridge converters, hybrid energy storage

I. INTRODUCTION

Energy storage systems (ESSs) are usually composed of het-
erogeneous storage elements. This heterogeneity might result
from an intentional design decision to integrate diverse types
of storage elements, such as batteries, supercapacitors and/or
fuel cells [1]. It can also result from aging mechanisms, such as
cell-to-cell variations that occur during the lifetime of a large
battery pack [2]. To effectively deal with this heterogeneity,
ESSs need to incorporate power conversion functions. These
functions are key to actively balancing large battery packs or
performing energy management in hybrid ESSs [1].

Dual half bridge (DHB) configurations are an attractive
solution to implement power conversion functions. In addition
to galvanic isolation, zero-voltage switching, and bidirectional
power flow [3], they also present a reduced number of switches
when compared to dual full bridge configurations [4]. Because
of these attractive features, DHB has been employed in multi-
ple applications, including active battery balancing [5], battery
chargers [6] and DC micro grids [7].

This work provides two main contributions. The first is
related to the development of a nonlinear control framework
for DHB converters, based on input-output linearization. This
approach cancels the dominant nonlinearities in the converter,
providing a strong contrast with previous works on DHB
control, which rely almost exclusively on linear methods [7]–
[10] with limited validity range. In comparison with these
linear approaches, the nonlinear framework proposed here
improves control performance when the DHB is subject to
large signal variations. It also offers an effective mechanism to
compensate for couplings in the control inputs of the converter.

The second contribution exploits the multiple degrees of
freedom offered by the DHB to improve power conversion in

hybrid ESSs. To better understand this contribution, it is worth
mentioning that the original DHB configuration proposed
by [3], [8] was initially treated as a 2-port converter with one
controllable degree of freedom, the phase shift. More recently,
this configuration has been extended in new directions. For
example, [10] and [11] exploited a second degree of freedom
(the converter’s duty cycle) to reduce the transformer’s current
and energy losses, while [4] studied the steady-state operation
of the DHB as a 3- and 4-port power converter.

Inspired by these recent works, we investigate here the
possibility of using the DHB in a 3-port configuration to
regulate the power flow in hybrid ESSs composed of batteries
and supercapacitors (SCs). Our idea consists in connecting
the battery module to the primary side of the DHB, while the
(two) secondary ports of the DHB are connected to two SC
modules. This 3-port arrangement allows us to simultaneously
perform two functions: i) exchange power from the primary
(battery) and secondary (SC) sides through manipulation of
the phase shift; and ii) balance voltage/capacity imbalances
that might exist in the two SCs modules via manipulation
of the converter’s duty cycle. The first function is useful
to implement energy-management strategies for the hybrid
ESSs, e.g. for reducing battery stress and aging [1], [5];
the second prevents over-voltage conditions in the SCs with
heterogeneous properties or initial conditions, and guarantees
that the SC energy is fully used [12]. While a conventional
DHB with 2-port configuration could also be employed for
converting power within the hybrid ESSs, the 3-port variant
proposed here allows us to double the voltage of the SC pack
without requiring additional balancing hardware.

II. CONVERTER MODEL

A. Equivalent-circuit Model

Fig. 1 shows the equivalent circuit of the DHB. It relies on
the configuration proposed by [8] with one key modification:
SCs are employed in the secondary side (Csc1, Csc2) instead
of regular capacitors. This allows a greater integration between
the converter and the hybrid ESS, decreasing the number of
components. Additionally, to capture self discharge of the SCs,
two current sources (isc1, isc2) are included in parallel with the
SCs.

The converter’s primary side is connected with the battery
(vb), an input inductor Lb with parasitic resistance Rb and
two capacitors C1, C2. A transformer links the primary and
secondary sides of the converter. To facilitate the physical and
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Fig. 1. Equivalent circuit of the dual half-bridge converter and its integration
with the energy storage units (batteries and SCs).

mathematical analysis of the DHB, this transformer is modeled
here in a π representation [13], with one leakage inductance
(Lr) and two shunt magnetization branches (Lm1, Lm2),

The converter is controlled via the (on/off) position of the
primary (S1, S2) and secondary (S3 and S4) switches. They
operate with a switching frequency ω and duty cycle d. A
phase shift of ϕ [rad] delays the modulation signals of the
primary and secondary sides (see Fig. 2), enabling the power
flow between the battery and the SCs. Since S2 and S4 have
complementary operation w.r.t. S1 and S3, the DHB has four
operating modes (j ∈ {1, 2, 3, 4}), which depend on the
positions of the switches (see Fig. 2). For each mode, the
dynamics of the capacitors’ voltages (v1, v2, vsc1, vsc2) and
inductors’ currents (ib, ir, im1, im2) is given by:

dx

dt
= Aj

sxx+Aj
srir +Aj

smim +Bj
svb + Ej

sisc (1a)

dir
dt

= Aj
fxx (1b)

dim
dt

= Aj
mxx (1c)

where x =
[
ib v1 v2 vsc1 vsc2

]T
, ir is the current

in the leakage inductance and im =
[
im1 im2

]T
the

magnetization current vector. The battery voltage vb and
the SC self-discharge currents isc =

[
isc1 isc2

]T
repre-

sent exogenous inputs to the system. The constant matrices
(Aj

sx, A
j
sr, A

j
sm, Bj

s , E
j
s , A

j
fx, A

j
mx) can be obtained via cir-

cuit analysis for each mode j and are omitted here for the
sake of brevity.

B. Averaged Model

To facilitate the construction of the averaged model of
the DHB, we follow the approach proposed by [14] and
analytically compute the solution for the leakage current ir.
Assuming x varies slowly over one switching period, a closed-
form solution i∗r(t, x) can be obtained1 and incorporated
into (1a)

dx

dt
= Aj

sxx+Aj
sri

∗
r(t, x) +Aj

smim +Bj
svb + Ej

sisc (2)

1omitted here due to space constraints

S1

S3

q=wt

2p 

vm1

vm2

ir

j=1 j=2 j=3 j=4

f 2pd 2pd+f 

v1

vsc1

-vsc2

-v2

Fig. 2. Illustration of the four operating modes of the DHB converter and
their effect in the voltage and current of the leakage inductor.

The dynamics of the average value of x and im (denoted X
and Im) can be obtained by averaging the right hand side
of (1a), (1c) over one switching period [14]:

dX

dt
= Asx(u)X +Bs(u)Vb +Asm(u)Im + Es(u)Isc

dIm
dt

= Amx(u)X =

[
0 d

Lm1

1−d
Lm1

0 0

0 0 0 d
Lm2

1−d
Lm2

]
X (3)

where u =
[
d ϕ

]T
is the control input

(dependent on the phase shift ϕ and duty cycle d),
X =

[
Ib V1 V2 Vsc1 Vsc2

]T
the average states,

and Asx(u), Bs(u), Asm(u), Es(u), Amx(u) matrices with
polynomial dependence on u, omitted here for the sake of
brevity. A word on the notation: in this work, average values
of states and variables are represented in upper case.

C. Reduced-order Model

To derive a practical model for the DHB, a couple of
practical assumptions will be adopted. First, we assume that
the average magnetization currents Im operate close to quasi-
static conditions, i.e. dIm/dt ≈ 0. We also assume that both
the magnetization and self-discharge currents of the SCs are
relatively small and can be neglected for control purposes,
thus Isc ≈ 0, Im ≈ 0. These approximations can be justified
by the large impedance of the (shunt) magnetization branches
of the transformer and the high self-discharge resistance of the
SCs. Introducing these approximations into the average model
yields a differential-algebraic system of equations:

dX

dt
≈ Asx(u)X +Bs(u)Vb (4)

0 ≈ Amx(u)X (5)

To further simplify the model, we focus on the dynamic evo-
lution of the summation of voltages in the primary capacitors
(V12) and in the SCs (Vsc):

V1 + V2 = V12, Vsc1 + Vsc2 = Vsc (6)
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Combining these equations with (5) and assuming symmetric
capacitances in the primary (Cb = C1 = C2) and secondary
(Csc = Csc1 = Csc2) sides, allows us to obtain the following
reduced-order model:

dIb
dt

= − d

Lb
V12 +

1

Lb
Vb (7a)
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dt
=
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This reduced model contains 3 states, 5 outputs, 2 control
inputs (d, ϕ) and 1 exogenous input (Vb), providing a compact,
control-oriented representation of the DHB.

III. CONTROLLER DESIGN

The DHB control is divided into two loops: i) balancing of
SC voltage and ii) control of the converter’s input current.

A. Balancing of the SC Voltage

The goal of the SC balancing task is to reach equalization
of the SCs voltages in less than teq , the desired equalization
time. This means:

Vsc1(t)

Vsc2(t)
= 1, t ≥ teq (8)

Inspecting the output model (7d), one can find the duty cycle
d has a direct impact in Vsc1, Vsc2, particularly their ratio:

Vsc1(t)

Vsc2(t)
=

1− d(t)

d(t)
(9)

This relation motivates us to employ d as a manipulated
variable in the balancing task.

Let us now discuss a practical algorithm for generating the
duty cycle. When we start the system at t = t0 the SCs might

have different voltages, e.g. due to variations in self-discharge
currents. To prevent large current transient at the start, it is
convenient to match the initial duty cycle with the initial SCs
voltages:

Vsc1(t0)

Vsc2(t0)
=

1− d(t0)

d(t0)
⇒ d(t0) =

(
1 +

Vsc1(t0)

Vsc2(t0)

)−1

(10)
On the other hand, to enforce the desired equalization time,

we need to reach voltage equalization of the SCs in teq , hence

Vsc1(t)

Vsc2(t)
= 1 =

1− d(t)

d(t)
⇒ d(t) =

1

2
, ∀t ≥ teq (11)

This equation together with (10) define two boundary condi-
tions for the duty cycle, d(t0) and d(teq). We propose a linear
relation to connect these two boundary conditions, which leads
to the following algorithm for SC balancing:

d(t) =


(
1 + Vsc1(t0)

Vsc2(t0)

)−1

t = t0(
1 + Vsc1(t0)

Vsc2(t0)

)−1

+
1
2−d(t0)

teq−t0
(t− t0) t0 < t < teq

1/2 t ≥ teq

This algorithm can be seen as a ”soft start” strategy to slowly
balance the SC voltage. It avoids surge power transients in
the converter during the initialization phase, as long as teq is
sufficiently large.

B. Current Control

1) Virtual Input: The design of the current controller relies
on feedback linearization [15]. It seeks to cancel the non-
linearities between the control inputs (d, ϕ) and the output
Ib. Inspecting (7), one can find that ϕ (4π d(d− 1) + ϕ)
represents the main nonlinear term in the state-space model.
This motivate us to define the following change of variable

w = ϕ (4π d(d− 1) + ϕ)Vsc (12)

where w is a virtual control input. Introducing w in (7) yields:

dIb
dt

= − d
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V12 +

1
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dt
=

2d

Cb
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1

2Cb Lr ω π
w (13b)
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dt
= − 1

2Csc Lr ω π

V12

Vsc
w (13c)

y1 = Ib (13d)

In this representation, the primary-side states (Ib, V12) have
linear dynamics (under the standing assumption of a slow-
varying d), while the secondary-side state (Vsc) has a nonlinear
behavior. This allows us to obtain the following transfer
functions that relate (w, Vb) with the current Ib:

Ib(s) =
αw(d)

1 + s2

ω2
n(d)

w(s) +
αv(d)s

1 + s2

ω2
n(d)

Vb(s)

= Gw(s, d)w(s) +Gv(s, d)Vb(s)︸ ︷︷ ︸
σ(s)

(14)



TABLE I
SPECIFICATIONS OF THE CURRENT CONTROLLER.

Parameter Symbol Value
max. real pole sr −2π20 rad/s

low-frequency model uncertainty lT 0.5
high-frequency model uncertainty hT 1.5

cross-over frequency for model uncertainty ωT 1.6 ωn(d)

where ω2
n(d) = 2d2/(LbCb) is the natural frequency and

αw(d) = (4Lrωπd)
−1 , αv(d) = Cb/(2d

2) gains. To facil-
itate the controller design, Vb is treated as a generic output
disturbance (σ(s)) that the controller needs to reject.

2) Controller Structure: As depicted in Fig. 3, the current
controller is divided into two parts. The first relies on a linear
controller that manipulates the virtual control input w as a
means to track the reference current I∗b . The second computes
the desired phase shift ϕ through inversion of w. The linear
controller, called w-controller in the sequel, is composed of
an integrator and two zeros:

w(s, d) = Cw(s, d)e(s) =
1

αw(d)
kc

s2 + 2ζzωzs+ ω2
z

s
e(s)

where e(s) = I∗b (s) − Ib(s) is the tracking error, Cw the
transfer function of the controller, kc the controller’s gain, ωz

the natural frequency of the zeros and ζz their damping.
After computing the virtual control input w, the desired

phase shift can be obtained via inversion of the quadratic
mapping (12).

3) Specifications: The w-controller is subjected to transient
response and robustness specifications.

The transient response specification limits the region where
the closed-loop poles of the current response can lie. In
particular, we specify that the real part of the poles of
Ib(s) = T (s, d)I∗b should be lower than sr, a negative real
parameter chosen by the designer; T (s, d) represents the
transfer function from reference I∗b to current Ib, aka the
complementary sensitivity function of the converter2.

The robustness specification focuses on unstructured un-
certainty, e.g. resulting from the modeling approximations
discussed in Section II. We assume that these approximations
introduce an unstructured multiplicative uncertainty in (14),
characterized by Gw(s, d)(1 +WT (s)∆(s)), where WT rep-
resents a frequency-dependent uncertainty profile and ∆ a
multiplicative uncertainty satisfying ∥∆∥∞ ≤ 1. By direct
application of the small-gain Theorem, robustness against this
uncertainty can be ensured as long as [16]

∥WT (s)T (s, d)∥∞ ≤ 1, (15)

In this work the weight WT is defined as
WT = hT (s+ ωT lT )/(s+ ωThT ), where lT , hT represent
the (relative) model uncertainty at low and high frequencies,
respectively, and ωT the cross-over frequency. Table I
contains the values of the specifications employed in this
work.

2T (s, d) =
Gw(s,d)Cw(s,d)

1+Gw(s,d)Cw(s,d)
.
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Fig. 4. Numerical validation of the current controller: step response with duty
cycle d = 0.5 (a) and d = 0.8(b).

4) Synthesis: The controller synthesis is the last step in the
design of the current controller. The aim is to find the set
of control parameters (kc, ζz, ωz) that fulfill the specifications
described in the previous sub-section. To facilitate this task,
we fix the damping of the controller’s zeros (ζz = 0.707) and
apply the parameter space method to find (kc, ωz). The param-
eter space method maps the limit conditions associated with
the control specification into the (kc, ωz)-plane by exploiting
appropriate symbolic and numeric calculations (see [16] for
details). It was found that kc = 0.5× 10−4, ωz = 2560 rad/s
fulfills the specifications.

IV. SIMULATION RESULTS

The proposed nonlinear controller was validated via nu-
merical simulations with the switching model of the DHB
presented in Section II. For benchmarking purposes, a baseline
current controller based on the linearization of (7) around
the equilibrium point (deq = 0.5, ϕeq = 0, V eq

sc = 4V ) was
implemented. This linear controller has the same structure as
the w-controller and was parameterized with similar closed-
loop specifications. Appendix A contains the parameters of
the model and controller employed in this work.

Fig. 4a shows the result for a step change in the current
setpoint with a duty cycle d = 0.5. One can observe that
both linear and nonlinear controllers provide similar responses.
This result is justified because: i) both controllers have similar
specifications and ii) the linear controller operates close to
the equilibrium point employed in the linearization (thus with
small modeling errors).

Fig. 4b presents the results when the current controllers
operate with a large duty cycle (d = 0.8). The results reveal
that the transient performance of the linear controller degrades
significantly in comparison with the nonlinear approach. In
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this case, the linear controller operates further away from
the equilibrium point employed in the linearization. Hence,
larger modeling errors are introduced, which significantly
degrade the transient performance of the linear controller.
In contrast, the response of the nonlinear controller remains
largely unaltered by the new operating point of the converter.

The second test case focuses on the SC balancing, while
following repetitive step-wise I∗b profile. This test considers
a significant initial imbalance in the SC voltages (Vsc1(0) =
0.85V, Vsc2(0) = 2V), which might appear due to differences
in the self-discharge rates of the SCs. As depicted in Fig. 5, the
SC balancing algorithm initializes the converter’s duty cycle to
match the initial voltage in the SCs (d = 0.7). Afterwards, the
balancing algorithm slowly decreases the duty cycle d in order
to equalize the SC voltage, which is successfully achieved after
20s.

V. CONCLUSION

We proposed a nonlinear framework for controlling dual
half bridge power converters. This framework employed feed-
back linearization methods to track current in the converter’s
primary side, while a pragmatic balancing algorithm ma-
nipulated the duty cycle as a means to eliminate voltage
mismatches in the converter’s secondary ports. The ability to
cancel the dominant nonlinearities in the converter represents
one of the key advantages offered by the proposed approach,

which facilitates the control design task. Future work will
focus on the experimental validation of the nonlinear control
framework and its potential application in hybrid battery
balancing systems.
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APPENDIX

A. Converter and ESS Parameters

ESS: vb = 3.3V, Csc1 = Csc2 = 0.350F, DHB: Rb =
10mΩ, Lb = 33µH, C1 = C2 = 0.220mF , Lr = 1.7µH,
ω = 2π20kHz,
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